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Abstract
The coupling of resonant modes between two surfaces is important in near-field heat transfer
and near-field thermophotovoltaic (TPV) systems. Recently, coupled-mode theory (CMT)
has been developed for the analysis and optimal design of TPV systems. In this paper, we
use CMT to analyze the ”emitter-vacuum-PV cell” configuration, and quantitatively show
that how the emitter of a nanostructure can drastically improves the near-field TPV device
performance. The key feature of the nanostructure is the additional geometry-induced reso-
nant mode, whose energy is lower than the original surface plasmon polariton (SPP) resonant
frequency and much closer to the bandgap of the PV cell. Specifically, we show that with
a simple grating structure, the generated power density of a TPV cell is increased from 13
W/cm2 to 34 W/cm2 when the PV cell is fixed at 300 K and the emitter 1000 K. The increase
is over 20 times higher when both planar and grating emitters are at a lower temperature of
500 K.
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1 Introduction

Near-field radiation is an important heat transfer mechanism that has great potential in many ap-
plications, including thermal imaging, sensing, radiative cooling, and energy conversion in ther-
mophotovoltaic (TPV) systems.1–3 A TPV system converts heat into electricity through thermal
radiation,4–11 and consists of a thermal emitter and a semiconductor photovoltaic (PV) cell. A heat
source keeps the thermal emitter at a high temperature, and generates thermal radiation, which
is then absorbed by the PV cell with bandgap energy Eg = ~ωg.6–8 Photons with energy lower
than Eg cannot generate conducting electrons and are unusable; photons with energy much higher
than Eg can generate electron-hole pairs, but the additional energy higher than Eg contributes to
thermal loss and is wasted. Therefore, assuming all photons with energy larger than Eg absorbed
by the PV cell generates an electron-hole pair, Carnot efficiency limit can only be reached with
monochromatic radiation from the emitter that is matched to Eg.4, 5

However, for a far-field based TPV system, where the distance between the emitter and the PV
cell is much larger than the characteristic wavelength of photons, the emission power is limited by
the blackbody radiation, and the emissivity cannot exceed unity at any given frequency. Therefore,
the emission power from the emitter would be infinitesimally small assuming a monochromatic ra-
diation spectrum. Instead, the design target for an ideal thermal emitter for far-field TPV is to have
emissivity to be unity above bandgap, and zero below bandgap. Various approaches have been
proposed to engineer the emission spectrum toward this target, with nanostructured photonic de-
signs including microcavities, photonic crystals, and gratings.12–16 On the other hand, the near-field
based radiative heat transfer can exceed the blackbody limit due to the contributions from evanes-
cent modes.17–20 In particular, when resonant modes are supported by the emitter and/or absorber,
and the separation between the emitter and absorber is a fraction of the wavelength determined
by the resonant modes, the absorption spectrum has strong peaks at resonant energies with inten-
sity a few orders exceeding the blackbody limit.18, 21 Various materials and nanostructures have
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been investigated for enhancing the near-field radiative transfer with resonant coupling.22–24 Near-
field based TPV systems have also been proposed for improving the power density and efficiency
by utilizing resonant modes such as surface phonon polaritons and surface plasmon polaritons
(SPPs).22, 25–30 The analysis of resonant modes is therefore critical for near-field radiation based
system.

Conventionally, radiative heat transfer between an emitter and an absorber is quantified using
dyadic Green function and the fluctuation-dissipation theorem.17–19 The approach is rigorous, but
the resulting expressions are complicated and not straighforward to analyze. Recently, coupled-
mode theory (CMT) has been developed for emitters supporting resonant modes,31 and radiative
heat transfer in a near-field TPV system.32 The CMT facilitates the design of near-field TPV sys-
tem configurations toward higher power density and efficiency.33 Optimal designs with impedance
matching principal for different material systems have also been investigated.34 So far the CMT is
limited to the mode analysis of the TPV system. The important performance parameters of the sys-
tem, including emissivity, radiation power and output electric power are still calculated with dyadic
Green function and the fluctuation-dissipation theorem. And the proposed systems are limited to
planar layered configurations. For periodically structured surfaces, effective medium approach is
typically used to approximate the structures as a medium with flat surface with effective mate-
rial properties.35, 36 It was shown recently that this method fails to predict the near-field radiative
transfer behavior due to certain geometry-induced resonant modes.24

In this paper, we calculate all performance parameters of a near-field TPV system including
transmissivity, radiation power, electric power, and efficiency based on resonant modes supported
by the system. Furthermore, we expand the calculation to systems with periodic nanostructures
supporting additional resonant modes. We show that these modes are captured using CMT method,
and can bring the resonant peak closer to the bandgap energy Eg of a typical TPV cell, therefore
increasing the radiative heat transfer rate, and the output electric power.

2 Coupled-Mode Analysis

Consider a TPV system with an emitter and a TPV cell, for each resonant mode it supports, accord-
ing to CMT,32 the thermal transmissivity between loss mechanism i and j can be calculated from
the resonant frequency ω0 and the loss rates (the Γ terms) associated with each loss mechanism.

εij(ω) = εji(ω) =
4ΓiΓj

(ω − ω0)2 + (
∑

n Γn)2
(1)

For a system supporting multiple resonant modes that are orthogonal, the transmissivity is simply
the summation of the transmissivity for each mode. For a planar system, different resonant modes
are supported for each in-plane (xy plane) wavevector k, and the overall transmissivity per unit
area is calculated by summing up all k contributions εij(ω) =

∫∞
0

kdk
2π
εij(ω, k) for continuous k,

and can be evaluated using εij(ω) =
∑∞

0
kδk
2π
εij(ω, k) on the discretized k-points. Here the in-

plane rotational symmetry is used. For system with periodic structures of pitch p in x-direction,
while continuous in y-direction, the kx integral is modified to

∫∞
−∞ dkx →

∑
nx

∫ π/p
−π/p dkx, with

nx being the band index. The summation for the transmissivity is thus changed to εij(ω) =
4

(2π)2

∑
nx

∫∞
0

∫ π/p
0

dkxdkyεij,nx(ω, kx, ky), or εij(ω) =
∑

nx

4
(2π)2

∑∞
0

∑π/p
0 δkxδkyεij,nx(ω, kx, ky).

The thermal emissivity from an object is the summation of transmissivity to all other loss mecha-
nisms: εi(ω) =

∑
j 6=i εij(ω).
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We consider a general case where the thermal emitter e is at a higher temperature of T1, and
the PV absorber is at a lower temperature T2, surrounded by the background b at the same tem-
perature T2. The thermal sources in a lossy object at temperature T and chemical potential qV is
described by the generalized Planck distribution: ΘV T (ω) = 1

exp[(~ω−qV )/kBT ]−1
, and the PV cell

absorbs photons via several loss mechanisms.4, 32 Follwing Ref.32 we distinguish two types of loss
mechanisms. The desired interband absorption g, associated with the bandgap, leads to a voltage
V across the TPV cell and a photogenerated current I into external load l. The thermal radiation
associated with g is described by ΘV T2(ω). All other loss mechanisms do not generate V and I ,
with generated photons described by Θ0T2(ω), and are incorporated in the background loss b.

Subsequently, the radiative transfer power density between two planar surfaces due to loss
mechanism i and j is quantified as

q
′′

=

∫ ∞
0

dω

2π
~ω[ΘViTi(ω)−ΘVjTj(ω)]εij(ω) (2)

The power outflow from the emitter Pe(V ), and the power generated onto the load Pl are both
functions of the voltage V of the cell, and can be calculated by considering the loss mechanisms
terms separately.

Pe(V ) =

∫ ∞
0

dω

2π
~ω

{
[Θ0T1(ω)−ΘV T2(ω)]εeg(ω) + [Θ0T1(ω)−Θ0T2(ω)]εeb(ω)

}
(3)

Pl(V ) = qV

∫ ∞
0

dω

2π

{
[Θ0T1(ω)−ΘV T2(ω)]εeg(ω) + [Θ0T2(ω)−ΘV T2(ω)]εgb(ω)

}
(4)

And the power conversion efficiency is simply the ratio of the two: η = Pl/Pe .32

Mathematically the lossy terms are reflected in the imaginary part of the permittivity of the TPV
cell material: εa = ε′a + εa

′′ = ε′a + i(εb
′′ + εg

′′). We apply the model in Ref.32 for the PV cell:
ε′ = 14 for real part of permittivity, εg ′′ = 0.7

√
14ωg(ω − ωg)/ω for the interband absorption, and

εb
′′ = 0.1 to account for the background absorption with no voltage generation. In the following

study, we use bandgap energy Eg = 0.41eV , which is a typical value for a GaInAsSb based PV
cell. The emitter is described by a Drude model as εe(ω) = 1 − ω2

p/(ω
2 + iγω), where ωp is the

plasma frequency, and γ is the damping rate. In our calculations we use ωp = 1.23 eV, γ = 0.00246
eV, which are associated with refractory metal TiC, which has a high melting temperature of over
3000 K.

We point out in the CMT formalism, only (complex) resonant frequencies are involved, and
the spatial distributions of the resonant modes are not required. Therefore, the CMT analysis can
give an approximate but quantitative transmissivity, as far as the resonant frequencies are obtained,
either from some numerical eigensolver or from experimental measurements.

2.1 Calculation Process

To obtain the complex eigenfrequencies, we use the eigenfrequency solver in COMSOL to find the
complex-valued eigenmodes for each system. For emitter with periodically arranged nanostruc-
tures in the x-direction, one unit cell is modeled in the simulator, with periodic boundary conditions
with Floquet periodicity applied to the two ends. A wavevector value kx between 0 and π/p is ap-
plied to the Floquet periodicity. The structure is infinitely long in the y-direction, and a wavevector
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Fig 1 Structures of near-field TPV system (a) with planar emitter, and (b) with periodically structured emitter: h = 60

nm, p = 60 nm, w = 30 nm. d = 10 nm for both cases.

value ky can also be assigned. For each kx and ky combination, the solver finds the eigenfrequen-
cies and the corresponding damping rates of the supported modes. The damping rate associated
with each loss mechanism is obtained by activating the loss in the material properties only, which
all other mechanisms are switched off. For example, Γe is calculated with the loss terms in the PV
material εg ′′ and εb′′ to be zero; Γa is calculated by activating the imaginary part of permittivity εa′′

while having γ = 0 in the Drude model of the emitter. The corresponding transmissivity between
two loss mechanisms can then be calculated with Eq. 1. Another simulation is performed with
a different set of wavevector values, until all contributions from the k-space are included. Then
the overall transmissivity at each frequency is calculated by integrating over wavevector, and the
radiative transfer power density is obtained with another integral over all frequency components,as
described in Eq. 2. The power and efficiency can also be calculated similarly.

3 Results and Discussions

With this procedure, we have calculated the planar TPV system presented in Ref.,32 and all major
results, including the resonant modes, the transmissivity, the power density, and efficiency, are in
good agreement with those obtained rigorously.

We also verified the accuracy of the procedure for 1d grating structures by calculating the near-
field radiative heat transfer between two Au gratings, where multiple resonant modes are supported,
and comparing the results with those obtained by rigorous coupled-wave analysis (RCWA) as
presented in Fig. 2(a) of Ref.24 The frequency-dependent transmissivity ε(ω) from the grating
emitter surface is plotted as a function of the frequency, and the curve obtained from coupled-mode
analysis was in good agreement with the exact result in Fig. 2(a) of Ref.24 Both transmissivity
peaks at angular frequencies 4.5 × 1014 rad/s and 6.5 × 1014 rad/s were obtained, with amplitude
error within 2% for both peaks.

Next we show that the coupled-mode analysis can be used to calculate the energy conversion
in a near-field TPV system with nanostructured patterns. Fig. 1 shows the simulated structures in
this study, and the geometrical parameters.

3.1 Planar Emitter

For comparison, the system with planar emitter is calculated first. The surface mode supported
by the system is the SPP resonance, which approaches ω0 = ωp/

√
2 = 2.12ωg at large k. For
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Fig 2 Coupled-mode calculation results for the planar system: (a) dispersion curve calculated; (b) transmissivity as
a function of frequency with both coupled mode theory and analytical method based on Green’s function; (c) Pe, Pl,
and η as a function of V , when T1 = 1000 K and T2 = 300 K.

the planar system, a small unit cell (2 nm width) in x-direction is used, and periodic boundaries
with Floquet periodicity are applied on the two ends, and we change the wavevector from 0 to
200kg in unit of kg, while keeping the out-of-plane (y-direction) wavevector component as 0. This
is sufficient to cover all k contributions due to the rotational symmetry of the system. Then the
transmissivity is calculated for each k component from the resonant mode.

As shown in Fig. 2(a), the transmissivity recovers the SPP dispersion curve of a metal surface,
with resonant frequency approaching 2.12ωg at large k. The transmissivity peak due to the res-
onance diminishes for k larger than 120kg, as the effective wavelength increases, making photon
tunneling through the gap more difficult. Summing over all k contributions, the transmissivity in-
creases from lower frequency to a strong peak around 2.12ωg, and drops rapidly at higher frequency
(Fig. 2(b)), as no resonant mode is supported.

In Fig. 2(b), we also plotted the transmissivity from emitter obtained analytically. As we can
see, the two curves almost coincide with each other except at smaller frequency, where the contri-
bution to transmissivity is very low. Note that the resonance at small k is less confined, making it
more difficult in accurately identifying the mode. Therefore it is not included in the transmissivity
calculation. We have verified that this part contributes to a small amount of about 1% of the overall
transmissivity and the exclusion does not affect of the overall accuracy of the calculation.

So we can see that although CMT is an approximation to the system by taking account only
energy transferred through resonant modes, it is a suitable method for quantitative analysis of the
performance of near-field TPV system.

At temperature T1 = 1000 K, the emitter power Pe is about 11 W/cm2. The power to the load
as a function of voltage is also calculated, and the maximum converted electric power is about 4
W/cm2.

3.2 Nanostructured Emitter

For the system with periodically structured emitter, more than one resonant modes are supported
and are labeled by band index nx. The SPP mode is truncated by the periodicity and folded into
multiple bands within the Brilloun zone. In addition, the metallic grating structures behave as leaky
waveguides, and may support guided modes. The coupling between neighboring waveguides may
form the so-called spoof SPP modes.37, 38
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Fig 3 Coupled-mode calculation results for the system with periodic structures: (a) transmissivity as a function of
frequency; (b)Pe, Pl, and η as a function of V , when T1 = 1000 K and T2 = 300 K; (c) Emitter power comparison of
the two systems at different temperatures.

One unit cell in x-direction is modeled in the COMSOL solver, with Floquet wavevector kx
ranging from 0 to π/p, and 21 values are selected. For out-of-plane direction, ky also varies from
0 to 10π/p, with step size 0.2π/p. Multiple resonant modes are obtained within the interested
frequency range below the SPP resonance frequency of 2.12ωp, which is reflected in the trans-
missivity curve as shown in Fig. 3(a). Note that for each k component, the first 5 resonances are
extracted from the eigenfrequency solver, and used for the transmissivity calculation. As we see
from the curve, the contribution to the transmissivity due to the first a few modes is the highest.
This is because photons from lower order modes have longer wavelengths and can more easily
tunnel through the gap between the emitter and PV cell. The same calculation process is done for
power conversion and the result is plotted in Fig. 3(b), which shows a much larger emitted power
(34 W/cm2) and converted electric power (13 W/cm2) compared with the planar system. The reso-
nance modes supported by the structured emitter are lower in energy and thus better matched with
the bandgap energy of the TPV cell, therefore the transmissivity and the power emission are both
higher. The emitter power density and the enhancement effect strongly depend on the temperature
of the emitter. As seen in Fig. 3(c), the ratio of output electric power from a grating based emitter
can be 20 times as high as that from a planar emitter at temperature of 500 K. Although on the
other hand, the power density drops rapidly with temperature.

The mode profile for each resonance can also be obtained from the eigenfrequency solver.
The field distributions of the SPP mode of the grating system, and the first three modes of the
nanostructured system are shown in Fig. 4. For the planar system, as seen in Fig. 4(a), the field
is localized on the surface of the emitter, and decays to both sides. For the grating system, as
shown in Fig. 4(b), (c), and (d), the field is also localized on the metal surface for each resonance.
Each mode corresponds to a different order of SPP resonance, and each additional node appears
at the grating surface for a higher order mode. It is noted that mode profiles are not required
for the calculation process, and are only provided for understanding the resonances. Other than
SPP modes, various resonant mechanisms may be supported with metallic nanostructures, such
as localized surface plasmons, waveguide modes, spoof SPP modes, depending on the design
parameters. With coupled-mode analysis, all resonant modes can be accounted for regardless of
the physical mechanisms.

In order to further improve the performance, we want the structures to support resonant modes
that are closer in energy to the bandgap of the PV cell. Therefore, the system performance depends
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Fig 4 Resonant mode profile that corresponds to (a) the SPP mode for the system with planar emitter, and [(b), (c),
and (d)] the resonant modes corresponding to the three major transmissivity peaks at 1.503ωg , 1.775ωg , and 1.957ωg ,
respectively for the system with nanostructured emitter.

both on the emitter structure, and the PV cell material. For the resonant modes supported by the
emitter, the dispersion of each mode depends on the material properties and geometrical parameters
of the nanostructures, and the relation is different for different modes. While several different
resonant modes are supported, it is not straightforward to obtain an optimal geometry for the TPV
system. In general, the larger the periodicity of the grating, the lower the energy of the periodicity
induced modes. However, when the periodicity is further increased, the modes may fall below the
bandgap. The depth of the grating also changes the mode dispersion, if the depth is too shallow,
some cavity resonances may not be supported. If the depth is too steep, most of the field may be
focused in the cavity instead of near the surface of the emitter, causing weaker near field coupling.

The results shown in Fig. 3 is only an example to compare with the system with planar emitter,
and the parameters are not optimized. Modification of the geometrical parameters can potentially
improve the power generation. For example, when the periodicity p is changed to 90 nm, and w
is changed to 45 nm, major transmissivity peaks are shifted to lower frequencies, and the resultant
power density in the same temperature settings is increased to 40 W/cm2. A numerical optimization
process will be necessary to obtain the best parameters for the nanostructured TPV system.

4 Conclusions

In summary, we developed a procedure to calculate the performance parameters of a near-field
TPV system including transmissivity, radiation power, electric power, and efficiency based on
coupled-mode analysis. CMT, although is considered an approximate approach, is suitable for the
quantitative analysis of near-field thermophotovoltaic system with one or several surface resonant
modes.

We applied the CMT-based calculation procedure for a near-field TPV system with planar
emitter and a metallic grating based emitter. We showed that additional resonant modes introduced
by metallic gratings are captured by CMT. These geometry-induced modes are lower in energy
than the SPP mode supported by a planar surface, and therefore closer to the bandgap energy of a
typical TPV cell. As we can see, nanostructures provide another degrees of freedom to improve
the overall performance of the near-field based TPV system. The calculation process developed
in this paper based on coupled mode analysis offers a new way to quantify the performance. The
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method is especially useful for systems with complicated structures, where conventional methods
may fail or takes too long to solve. We believe this work will help facilitate novel designs and offer
a reliable approximation of the performance for near-field TPV systems.
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